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A B S T R A C T

In this research work, a Neural Network (NN) and Uniform Robust Exact Differentiator (URED) observer-based
Fast Terminal Integral Sliding Mode Control (FTISMC) has been proposed for Oxygen Excess Ratio (OER)
regulation of a Polymer Electrolyte Membrane Fuel Cell (PEMFC) power systems for vehicular applications.
The controller uses URED as an observer for supply manifold pressure estimation. NN is used to estimate the
stack temperature which is unavailable. The suggested control method increased the PEMFC’s effectiveness
and durability while demonstrating the finite-time convergence of system trajectories. By controlling the air-
delivery system in the presence of uncertain current requirements and measurement noise, the approach
ensures maximum power efficiency. The Lyapunov stability theorem has been used to confirm the stability
of the presented algorithm. In addition, the suggested method eliminated the chattering phenomenon and
improved power efficiency. Given these noteworthy characteristics, the research has the potential to decrease
sensor dependence and production costs while also improving the transient and steady-state response in
vehicular applications.
1. Introduction

The depletion of fossil fuels, global warming, strict emission reg-
ulations, and rising energy demands have made it difficult to meet
the needs of human beings [1]. Although researchers are working on
various types of engine oils as in [2], the main problem is the increasing
cost of fossil fuels, the environmental impacts associated with them and
the limited amount of energy resources [3]. To overcome these energy-
related problems, the scientific community is investigating various
solutions [4,5]. One of the solutions is to use fuel cells as a power source
in vehicular applications [6]. A fuel cell is a device that converts chem-
ical energy into electrical energy through an electrochemical reaction
between hydrogen and oxygen [7]. The basic structure of a fuel cell
consists of an electrolyte and a catalyst which is sandwiched between
the anode and cathode terminals. Fuel cells are used for multiple
industrial and commercial applications e.g. stationary and portable
applications including transportation [8,9]. One of the most common
types of fuel cells that are currently being used in the transportation
sector and industries is PEMFC [10]. The use of PEMFCs in automobiles
is inspired by the fact that they are lightweight, have high power
density with lower operating temperatures, have fast startup time and
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have zero emissions [11]. These properties render PEMFCs a suitable
candidate to be used in small scale vehicles as compared to the other
renewable energy sources.
In PEMFC hydrogen is fed through the anode terminal and the Oxy-
gen is fed at the cathode terminal [12]. The electrolyte membrane
facilitates the exchange of positive charge carriers, and the electrical
load connected to the anode and cathode terminals allows the negative
charge carriers to complete their conduction cycle [13]. With changes
in altitude, temperature, and partial pressures of the reactant gases
at anode and cathode manifolds, PEMFCs’ non-linear properties affect
the power system’s performance and efficiency [14]. If these variations
are not addressed they might eventually lead to significant power loss
and permanent damage to the fuel cell [15]. Therefore, a non-linear
control technique must be used for enhanced performance to maintain
the PEMFC’s operation at maximum power efficiency. To ensure that
the fuel cell powered vehicle has maximum efficiency and extended
operational life, a number of PEMFC subsystems need special care. A
humidity control system, an air delivery system, a temperature control
system, and a power control system are among the subsystems [16].
However, this research work focuses on the control of the air-delivery
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system. The fuel cell requires inputs of oxygen and hydrogen. The
purest form of hydrogen is used to be used as fuel. A specially made
high-pressure carbon fiber tank is used to store the hydrogen for use
in vehicles, and air from the atmosphere is used to feed the cell stack
with the aid of a compressor to meet the cell stack’s oxygen needs.
While the OER is the performance parameter, the voltage and power
are the outputs that are used to drive the actuators of the vehicle.
The task of the air-delivery system is to control the amount of oxygen
delivered to the fuel cell [17]. In other words, the air delivery system
makes sure that the oxygen excess ratio (OER) is regulated. OER is the
proportion of oxygen supplied to oxygen used by the fuel cell during
the electrochemical reaction. It has been reported that OER must be
kept at a value of 2 for the best power efficiency [18].

2. Literature review

A regulated OER ensures that the membrane of the fuel cell will
not suffer from oxygen starvation or flooding. Oxygen starvation can
lead to spotting phenomena in the membrane surface resulting in
irreversible damage and thus decreasing the efficiency of the PEMFC
for the rest of its life span [19]. To regulate the OER, different con-
trol approaches have been suggested. For example, researchers have
developed different mathematical models of the PEMFC system for its
parameter estimation and to design control laws. In literature, third to
sixth order mathematical models are available to be used for control
design [20–23]. Although the process of order reduction and lineariza-
tion reduce mathematical complexity, however, it comes at the cost
of reduced system accuracy. The ninth order state-space model which
was originally developed by Pukrushpan et al. is considered to be the
most detailed as well as accurate [24]. Researchers have investigated
model-based control strategies for OER regulation like model predictive
control [25], first-order and higher-order sliding mode control tech-
niques [26,27]. While on the other hand, model-less control strategies
have also been used for OER regulation. For example, intelligent control
techniques using neural networks for performance optimization and
autonomous vehicle driving [28], fuzzy logic controller [29], super
twisting algorithm [30]. Model-less control techniques have various
disadvantages when compared to model-based techniques, for example,
the fuzzy logic-based control technique ignores the structural prop-
erties associated with the physical systems and high computational
cost [31,32]. However, massive amounts of training data are needed
when using artificial intelligence-based control mechanisms like neural
networks. It is crucial to feed the network data from actual plants when
training it. Off-line training also requires a sizable data set and high
computational requirements. They offer quick response times for real-
time applications like vehicular technologies, where the system may
be exposed to various uncertainties due to sudden changes in current
requirements [33].

In recent years, many observer-based techniques have also been
investigated to control the air-delivery system of the PEMFC [19,34].
Kalman filters have been used for state estimation [35]. Reduced-
order models have been used in observer-based control design for OER
regulation [36]. An adaptive observer has also been developed for state
estimation of PEMFC but the drawback of this technique is the lack
of robustness against measurement noise [37]. A higher-order sliding
mode-based observer has been implemented which is capable of finite-
time state estimation [29]. Due to its finite-time convergence in state
estimation, independence of the system’s initial conditions, and the
absence of noise ripples in its derivatives, the uniform robust exact
differentiator (URED) has attracted a lot of attention. In spite of the
initial conditions of the differentiation error, the URED is designed
using a modification to the super twisting algorithm and it comprises
high-degree terms that provide exact and finite-time convergence to
the input signal derivatives [38]. URED is capable of suppressing
oscillations in the system as well as it can be successfully used to
2

reconstruct measured signals [39]. Therefore, the dependence on sensor
requirements will be reduced along with the production cost without
a trade-off in the accuracy and efficiency of the system when URED
based observer is employed for the control of PEMFC in vehicular
applications.
The impact of stack temperature is typically ignored in most of the
studies. However, the temperature in PEMFC stacks is not uniform, as
opposed to a single cell. Therefore, for accurate results, it is crucial to
define the stack temperature. The coolant inlet or outlet temperature,
or the average of the two, may be used as the stack temperature
because it is not possible to measure the stack temperature directly
inside the stack. The temperature of the stack can vary by up to 5 K
from the inlet to the outlet during measurement [40]. This emphasizes
the necessity of specifying the location of temperature sensors in order
to obtain comparable results. The temperature has a significant impact
on the membranes’ level of humidification and, consequently, on the
conductivity of protons. As the stack temperature varies during the fuel
cell operation and it also changes when measured from inlet and outlet
the placement of the temperature sensor is critical. In this situation, a
neural network can be very useful in accurately predicting the stack
temperature. Neural networks have been shown to be effective at
modeling complex systems and can be used to predict various variables
in PEMFCs, including temperature [41,42]. In particular, NNs have
been used to model the relationship between temperature and other
variables such as current density, gas flow rate, and humidity [43].
This allows for the development of control strategies that can main-
tain desired temperature and humidity levels and improve the overall
performance and efficiency of PEMFCs [44]. However, there are also
challenges associated with the use of NNs for PEMFC temperature
control, such as the need for extensive training data and the risk of
over-fitting. Overall, the use of neural networks in PEMFC tempera-
ture control shows promise, but further research is needed to fully
understand their potential and limitations.
This research presents the design of a novel FTISMC, which is specifi-
cally designed to regulate the OER in PEMFCs. The controller uses an
observer based on URED to estimate the supply manifold pressure and
a NN to estimate the stack temperature, both of which are unmeasured
states necessary for controller synthesis. The resulting methodology
has been shown to achieve desired performance with finite time con-
vergence. In addition, FTISMC inherits the beneficial properties of
sliding mode control, including disturbance rejection, and improved
tracking performance [45], making it well-suited for the highly non-
linear PEMFC system. The design of the NN-URED-FTISMC controller
is illustrated in Fig. 1. The novelty of the proposed work lies in the
inclusion of the stack temperature in the mathematical model of the
PEMFC, which was previously ignored in our earlier research [46,47].
Furthermore, one of the unique aspects of this work is the use of
a neural network to accurately estimate the variations in stack tem-
perature, which can have significant effects on the performance of
the PEMFC due to temperature fluctuations. The stack temperature
does not remains constant while reactants flow from the anode to the
cathode. By using the estimated temperature in the controller, we aim
to mitigate these performance impacts.
The main contributions of this research work are:

• The mathematical model of the PEMFC is revised and now in-
cludes the effect of stack temperature.

• A novel NN-URED-FTISMC methodology has been proposed to
control the OER of a PEMFC which will optimize the vehicle
performance in the presence of measurement noise.

• The stability of FTISMC has been proved using the Lyapunov
theorem.

• A URED based state estimation technique has been designed
to estimate supply manifold pressure of PEMFC in vehicular
applications to reduce sensor requirements and production costs.

• NN has been used as an estimator for the unmeasurable state of
stack temperature.

• Robustness of the proposed control technique has been evaluated
under sudden current variations for various uncertain conditions
in the presence of measurement noise.
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Fig. 1. Control topology for URED FTISMC to control the Air-delivery of PEMFC.
𝑥

3. Mathematical model of PEMFC

An inlet control valve that regulates the amount of hydrogen fed to
the fuel cell stack’s anode makes up the PEMFC’s air-delivery system.
On the other hand, the mass and pressure of the oxygen that is fed at
the cathode terminal are controlled by a compressor motor. Instead of
using pure oxygen, regular atmospheric air is given to the compressor
because doing so would eliminate the need for an additional oxygen
tank. A hydrogen tank is used to store the compressed liquid hydrogen
in its purest form which will be fed to the PEMFC stack. The compressor
motor uses atmospheric air to fulfill the oxygen requirements of the
stack. The amount of water vapor content and the temperature of the
reactants are controlled by a humidifier and a cooler, respectively. To
make sure that the stack moisture stays at a certain level, a water
separator is used. To maintain the necessary water level that is feeding
the humidifier, it is connected to the water tank. Through the exhaust
port, the excess water vapor content is expelled from the car. Reactants
are fed into the fuel cell stack, which generates electricity for the
3

traction motors that move the vehicle forward. A radiator is used to
control the operating temperature of the fuel cell stack.

There are various mathematical models of PEMFC, for example,
some multi-dimensional models have been reported [48,49]. A third-
order plant has been used in [50] and a reduced fourth-order model
has been used in [21]. All of these reduced-order mathematical models
are limited in use because unfortunately, they are not 100% accurate.
Therefore, in this research work, the actual ninth-order plant that was
originally developed by Pukrushpan et al. is considered to be the most
detailed and accurate owing to its accurate and comprehensive nature.
After defining the functions 𝐹1–𝐹10 to reduce the visual complexity,
the state equations of the model can be given by the following set of
equations. It has been reported in [51] that stack temperature affects
the performance of the PEMFC. The state for stack temperature has
been added to the model [52,53]. The modified state space model is
given as follows:

̇ 1 = 𝑎1𝐹1𝐹2𝐹5 −

[

(

𝐹3
)

(

𝐹3 + (1 − 𝐹3) ×𝑀𝑁2

)−1
𝐹4

[

𝐹6

]−1
]

− 𝑎11𝐼𝑠𝑡 (1)
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Table 1
Functions 𝐹1–𝐹10 used in state space modeling.

𝐹1 =
[

1 + 𝑎2𝑎4
𝑥5−𝑥5𝑎10+𝑎3

]−1
𝐹2 = 𝑘𝑠𝑚,𝑜𝑢𝑡(𝑥5 − 𝑎6𝑥1 − 𝑎7𝑥3 − 𝑎8𝑚𝑣,𝑐𝑎)

𝐹3 =
𝑎6𝑀𝑂2

𝑥1
𝑎6𝑥1+𝑎7𝑥3

𝐹4 = 𝑘𝑐𝑎,𝑜𝑢𝑡(𝑎6𝑥1 + 𝑎7𝑥3 + 𝑎8𝑚𝑣,𝑐𝑎 − 𝑥9)

𝐹5 =
(

1 + 𝑎9𝑎10𝑥5
𝑥5−𝑥5𝑎10

)−1(1 + 𝑎9𝑎5
𝑥5−𝑎10𝑥5

) 𝐹6 = 1 +
(

𝑀𝑣𝑎8𝑚𝑣,𝑐𝑎
𝑎6𝑥1+𝑎7𝑥3

)

×
(

𝐹3 +𝑀𝑁2
(1 − 𝐹3)

)−1

𝐹7 =
𝑎23
𝑥24

[( 𝑥5
𝑝𝑎𝑡𝑚

)𝑎24 − 1] − 𝛽 𝐹8 = ( 𝑥5
𝑝𝑎𝑡𝑚

)𝑎24 − 1

𝐹9 = (𝑘1𝑘2𝑥5 − 𝑘1𝑎15𝑥2 − 𝑘1𝑎14𝑚𝑣,𝑎𝑛) 𝐹10 =
(

2𝑛𝑠𝑡𝜖𝑠𝑡
𝑀𝑠𝑡𝐶𝑠𝑡

+ ln [
√𝑝𝑂2 𝑝𝐻2

𝑝𝑣,ℎ𝑚
] 𝑥10𝑅𝑛𝑠𝑡
𝑀𝑠𝑡𝐶𝑠𝑡𝐹

)

The exact values for the variables that have been used in this manuscript are defined
in [24].

̇ 2 =
(

1+
𝑎12𝑎13

𝑎15𝑥2 + 𝑎14𝑚𝑣,𝑎𝑛

)−1
[𝑘1𝑘2𝑥5 −𝑘1𝑎15𝑥2 −𝑘1𝑎14𝑚𝑣,𝑎𝑛] − 𝑎16𝐼𝑠𝑡 (2)

̇ 3 = (1 − 𝑎1)𝐹1𝐹2𝐹5 −

[

1 −
[(

𝐹3
)

(

𝐹3 + (1 − 𝐹3)𝑀𝑁2

)−1
]

𝐹4

[

𝐹6

]−1
]

(3)

̇ 4 =
𝑎25𝑢2

𝑥4
− 𝑎26𝑢 − 𝑎27

[

(
𝑥5
𝑝𝑎𝑡𝑚

)𝑎24 − 1
]

×
[

𝑎22𝑥4 − 𝑎22𝑥4𝑒𝐹7
]

(4)

̇ 5 = 𝑎29𝑎22𝑥4
[

1 + 1
𝜂𝑐𝑝

[

𝐹8
]]

− 𝑒𝐹7 −
[ 𝑒𝐹7
𝜂𝑐𝑝

𝐹8
]

−
𝑎30𝑥5
𝑥6𝑘𝑠𝑚,𝑜𝑢𝑡

𝐹2 (5)

̇ 6 = 𝑎22𝑥4 − 𝑎22𝑥4𝑒𝐹7 − 𝐹2 (6)

̇ 7 =
[

1 − (1 +
𝑎12𝑎13

𝑎15𝑥2 + 𝑎14𝑚𝑣,𝑎𝑛
)−1

]

𝐹9 − [𝑎19𝐼𝑠𝑡 − 𝑎20(𝜆𝑐𝑎 − 𝜆𝑎𝑛)] (7)

̇ 8 =
(

1 − 𝐹1
)[

𝐹2𝐹5 − 𝐹4
(

1 −
(

𝐹6
)−1] (8)

̇ 9 = 𝑎31[𝐹4 −𝑊𝑟𝑚,𝑜𝑢𝑡] (9)

̇ 10 = 𝑥10 + 𝑇𝑎𝑡𝑚(
−ℎ𝑠𝑛𝑠𝑡𝐴𝑠𝑐
𝑀𝑠𝑡𝐶𝑠𝑡

) − 𝐹10 (10)

The Eqs. (11)–(16) describe the input, output, and performance
variables;

̇ = 𝑓 (𝑥, 𝑢,𝑤) (11)

𝑥 = [𝑚𝑂2
𝑚𝑁2

𝑚𝐻2
𝜔𝑐𝑝 𝑝𝑠𝑚 𝑚𝑠𝑚 𝑚𝑤𝑎𝑛 𝑚𝑤𝑐𝑎 𝑝𝑟𝑚 𝑇𝑠𝑡] (12)

= 𝑉𝑐𝑚 (13)

= 𝐼𝑠𝑡 (14)

he PEMFC system’s output comprises compressor flow, pressure at the
upply manifold, and stack voltage(see Table 1).

= [𝑊𝑐𝑝 𝑝𝑠𝑚 𝑉𝑠𝑡] (15)

he stack voltage, OER and the net power produced by the fuel cell are
he performance variables.

= [𝑃𝑛𝑒𝑡 𝜆𝑂2
𝑉𝑠𝑡] (16)

The variables involved in the state space equations are as follows.

𝑚 =

{

0.043 + 17.81𝑎𝑖 − 39.85𝑎2𝑖 + 36𝑎2𝑖 0 < 𝑎𝑖 ≤ 1
14 + 1.4(𝑎𝑖 − 1) 1 < 𝑎𝑖 ≤ 3

and also,

𝑊𝑟𝑚,𝑜𝑢𝑡 = 𝑎32𝑥9

(

𝑝𝑎𝑡𝑚
𝑥9

)
1
2
[

2𝛾
𝛾 − 1

[

1−(
𝑝𝑎𝑡𝑚
𝑥9

)
𝛾−1
𝛾
]

]
1
2

𝑓𝑜𝑟
𝑝𝑎𝑡𝑚
𝑥9

>
( 2
𝛾 + 1

)
𝛾
𝛾−1

(17)
4

Table 2
Coefficients defined in the fuel cell model.
𝑎1 = 𝑥𝑂2,𝑐𝑎,𝑖𝑛

𝑎2 =
𝑀𝑣

𝑀𝑎,𝑐𝑎,𝑖𝑛
𝑎3 = 𝜙𝑑𝑒𝑠𝑝𝑠𝑎𝑡,𝑇𝑐𝑙 − 𝑎13 𝑎4 = 𝜙𝑐𝑎,𝑖𝑛𝑝𝑠𝑎𝑡,𝑇𝑐𝑙

𝑎5 = 𝜙𝑑𝑒𝑠𝑝𝑠𝑎𝑡,𝑇𝑐𝑙 𝑎6 =
𝑅𝑂2 𝑥10
𝑉𝑐𝑎

𝑎7 =
𝑅𝑁2

𝑥10
𝑉𝑐𝑎

𝑎8 =
𝑅𝑣𝑥10
𝑉𝑐𝑎

𝑎9 =
𝑀𝑣

𝑀𝑎
𝑎10 =

𝜙𝑎𝑡𝑚𝑝𝑠𝑎𝑡,𝑇𝑎𝑡𝑚
𝑝𝑎𝑡𝑚

𝑎11 =
𝑀𝑂2

𝑛

4𝐹
𝑎12 =

𝑀𝑣

𝑀𝐻2

𝑎13 = 𝑝𝑣,𝑐𝑎,𝑖𝑛 = 𝜙𝑐𝑎,𝑖𝑛𝑝𝑠𝑎𝑡,𝑇𝑐𝑙 𝑎14 =
𝑅𝑣𝑥10
𝑉𝑎𝑛

𝑎15 =
𝑅𝐻2

𝑥10
𝑉𝑎𝑛

𝑎16 =
𝑀𝐻2

𝑛

2𝐹

𝑎17 =
𝑀𝑣𝑛
2𝐹

𝑎18 =
𝜌𝑚,𝑑𝑟𝑦
𝑀𝑚,𝑑𝑟𝑦

𝑎19 =
𝑛𝑑

𝐴𝑓𝑐𝐹
𝑎20 =

𝐷𝑤𝑎18
𝑡𝑚

𝑎21 =𝑀𝑣𝐴𝑓𝑐𝑛 𝑎
22

𝛷𝑚𝑎𝑥𝜌𝜋𝑑2𝑐 𝐾𝑢𝑐 𝛿

4𝜃0.5

𝑎23 =
𝛽2𝐶𝑝𝑇𝑐𝑝,𝑖𝑛
𝐾2
𝑢𝑐
𝜓𝑚𝑎𝑥

𝑎24 =
𝛾−1
𝛾

𝑎25 =
𝜂𝑐𝑚

𝐽𝑐𝑝𝑅𝑐𝑚
𝑎26 =

𝜂𝑐𝑚𝑘𝑣
𝐽𝑐𝑝𝑅𝑐𝑚

𝑎27 =
𝐶𝑝𝑇𝑎𝑡𝑚

𝑒𝑓𝑚𝑒𝑐 𝜂𝑐𝑝𝐽𝑐𝑝
𝑎28 = 𝑎23(

1
𝑝𝑎𝑡𝑚

)𝑎24

𝑎29 =
𝛾𝑅𝑎𝑇𝑎𝑡𝑚
𝑉𝑠𝑚

𝑎30 = 𝑘𝑠𝑚,𝑜𝑢𝑡𝛾 𝑎31 =
𝑅𝑎𝑇𝑟𝑚
𝑉𝑟𝑚

𝑎32 =
𝐶𝐷,𝑟𝑚𝐴𝑇 ,𝑟𝑚
√

𝑅𝑇𝑟𝑚

and

𝑊𝑟𝑚,𝑜𝑢𝑡 = 𝑎32𝑥9𝛾
1
2

(

2
𝛾 + 1

)
𝛾+1

2(𝛾−1)

𝑓𝑜𝑟
𝑝𝑎𝑡𝑚
𝑥9

≤
( 2
𝛾 + 1

)
𝛾
𝛾−1 (18)

The model coefficients are given in Table 2. The abbreviations are
defined in Appendix A.1 and model parameters are given Appendix A.3
[24].

In the fuel cell, Gibbs free energy is converted into electrical energy,
if this process becomes reversible. In this case, two moles of electrons
will pass through the electrical circuit for every mole of hydrogen and
the electric work done will be given as

𝑊 𝑜𝑟𝑘𝐷𝑜𝑛𝑒(𝐸𝑙𝑒𝑐𝑡𝑟𝑖𝑐) = −2𝐹𝐸 (19)

If the system is reversible then we can write the equation for 𝛥𝑔𝑓 as

𝛥𝑔𝑓 = −2𝐹𝐸 (20)

The voltage of the fuel cell, when the process is reversible is called the
Nernst voltage is given as

𝐸 = −
𝛥𝑔𝑓
2𝐹

=
𝛥𝑔◦𝑓
2𝐹

+
𝑅𝑇𝑓𝑐
2𝐹

𝑙𝑛
[ 𝑝𝐻2

𝑝0.5𝑂2

𝑝𝐻2𝑂

]

(21)

The factor
𝛥𝑔◦𝑓
2𝐹 changes with the temperature and has a difference of

𝐸𝑜 = 1.229 to its value at standard temperature and pressure and is
given as

−
𝛥𝑔◦𝑓
2𝐹

= 1.229 + (𝑇𝑓𝑐 − 𝑇𝑜)
(𝛥𝑆𝑜

2𝐹

)

(22)

Where 𝑇𝑜 = 298.15 ◦C. Using standard entropy changes the thermody-
namical values in Eq. (22) is further elaborated as in [54].

𝐸 = 1.229−0.85×10−5(𝑇𝑓𝑐−298.15)+4.3085×10−5𝑇𝑓𝑐
[

𝑙𝑛(𝑝𝐻2
)+ 1

2
𝑙𝑛(𝑝𝑂2

)
]

(23)

he current density is given as

=
𝐼𝑠𝑡
𝐴𝑓𝑐

(24)

here 𝐴𝑓𝑐 is the surface area of the fuel cell.
If we consider all voltage losses occurring in a fuel cell the cell

oltage is given as in Eq. (25) [55]

𝑓𝑐 = 𝐸 − 𝑣𝑜ℎ𝑚 − 𝑣𝑐𝑜𝑛𝑐 − 𝑣𝑎𝑐𝑡 (25)

here 𝑣𝑜ℎ𝑚, 𝑣𝑐𝑜𝑛𝑐 and 𝑣𝑎𝑐𝑡 are ohmic, concentration and activation volt-
ge losses given by the following equations:

𝑐𝑜𝑛𝑐 =
(

𝑐2
𝑖

𝑖𝑚𝑎𝑥

)𝑐3
(26)

𝑣𝑎𝑐𝑡 = 𝑎𝑙𝑛 𝑖 (27)

𝑖𝑜
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where 𝑎 and 𝑖𝑜 are constants. For the complete range of current activa-
tion, voltage loss is given as

𝑣𝑎𝑐𝑡 = 𝑣𝑜 + 𝑣𝑎(1 − 𝑒−𝑐1𝑖) (28)

The Eq. (29), is valid for 𝑖 > 𝑖𝑜.

𝑜 = 0.279 − 8.5 × 10−4(𝑇𝑓𝑐 − 298.15) +

4.308 × 10−5𝑇𝑓𝑐
[

𝑙𝑛
( 𝑝𝑐𝑎 − 𝑝𝑠𝑎𝑡

1.01325

)

+ 1
2
𝑙𝑛
(0.1173(𝑝𝑐𝑎 − 𝑝𝑠𝑎𝑡)

1.01325

)]

(29)

𝑎 =
(

−1.618 × 10−5𝑇𝑓𝑐 + 1.618 × 10−2
)

( 𝑝𝑂2

0.1173
+ 𝑝𝑠𝑎𝑡

)2
+

(1.8 × 10−4𝑇𝑓𝑐 − 0.166)
( 𝑝𝑂2

0.1173
+ 𝑝𝑠𝑎𝑡

)

+(−5.8 × 10−4𝑇𝑓𝑐 + 0.5736) (30)

If we substitute the values of 𝑣𝑜ℎ𝑚, 𝑣𝑐𝑜𝑛𝑐 and 𝑣𝑎𝑐𝑡 in Eq. (25) we get
Eq. (31)

𝑉𝑓𝑐 = 𝐸 − [𝑖𝑅𝑜ℎ𝑚] −
[

𝑖
(

𝑐2
𝑖

𝑖𝑚𝑎𝑥

)𝑐3]
− [𝑣𝑜 + 𝑣𝑎(1 − 𝑒−𝑐1𝑖)] (31)

ince the fuel cell stack consists of many fuel cells, fuel cell stack
oltage can be obtained by multiplying the number of fuel cells 𝑛 with
ell voltage 𝑉𝑓𝑐 as shown in Eq. (32)

𝑠𝑡 = 𝑛𝑉𝑓𝑐 (32)

he parameters in the mathematical modeling of the PEMFC stack
oltage are given in Table A.8

. Control objective

The PEMFC serves as a power source when it is used in automobiles.
he compressor motor is also powered by the energy generated by the
ell stack in addition to the actuator motor, which propels the vehicle.
s a result, the fuel cell’s net power is equal to the difference between

he stack power the fuel cell stack produces and the stack power the
ompressor motor voltage consumes. It has been reported in [56] that
he compressor motor utilizes almost 30% of the power that is being
roduced by the device. Therefore, the OER is kept at a predetermined
ptimum value to minimize power losses in the compressor motor, to
rotect the system from being permanently damaged due to oxygen
tarvation or flooding, and to ensure that the fuel cell is getting enough
uel. The expression for OER is given by Eq. (33) which is the ratio of
he mass of supplied oxygen 𝑊𝑂2,𝑖𝑛

and the reacted oxygen 𝑊𝑂2,𝑟𝑒𝑎𝑐𝑡
.

𝑂2
=

𝑊𝑂2,𝑖𝑛

𝑊𝑂2,𝑟𝑒𝑎𝑐𝑡

(33)

o fulfill the vehicle’s electrical requirements the OER should be main-
ained at 𝜆𝑂2

= 2 for optimum performance as specified in [57].
luctuations in OER can result in non-uniform behavior of compressor
low rate, stack voltage, and power thus compromising the vehicle’s
erformance. Variations in the fuel cell’s power output will perma-
ently harm the compressor motor and the actuator motors it drives
n the vehicle. Therefore, it is imperative to avoid chattering and
luctuations at all costs. The control goal of this research work is to
egulate the OER to the ideal value of 2, which is accomplished by
reating an NN-URED-FTISMC.
o employ model-based control strategy for regulating OER to a de-
ired level, it is mandatory to estimate the unmeasured states, which
nclude stack temperature in a cell stack subsystem and supply manifold
ressure. The stack temperature can vary between the inlet and outlet,
aking it difficult to measure accurately. To address this challenge, we
ave employed a non auto regressive NN as an estimator to predict the
nmeasured stack temperature. Additionally, we have utilized a URED-
ased observer design to estimate the supply manifold pressure, which
5

s another important variable that affects the OER of the system. 𝑠
The proposed control design shown in Fig. 1 consists of multiple
oops. The inner loop provides the compressor flow rate as a feedback
ignal to the FTISMC controller. The second loop provides the URED
bserver-based estimated state to the controller. The observer uses
ompressor motor speed to estimate the supply manifold pressure.
tate estimation using observer-based architecture reduces the sensor
equirement in control design. The stack temperature is not measurable.
o a neural network is used in a third feedback loop as an estimator to
rovide the accurate value of the stack temperature to the controller.

. Fast terminal integral sliding mode control design

The main difficulty in designing the controller for OER regulation
s that it cannot be directly measured. Moreover, it can be observed in
elation of OER, the partial pressure of oxygen at the cathode terminal
s unavailable. Also, a sensor for compressor speed measurement and
he supply manifold pressure measurement for the conventional non-
inear controller design is required. So, to regulate the OER compressor
low rate must be controlled and a reference compressor flow rate is
efined. The difference between the actual and the desired compressor
low rate is defined as an error. The expression for error can be given
s in (34) using the mathematical model of compressor flow dynamics,
reference compressor flow rate which will be required to regulate the
ER in the PEMFC can be computed in the following manner

(𝑥, 𝑡) = 𝑊𝑐𝑝 −𝑊𝑐𝑝,𝑟𝑒𝑓 (34)

The compressor flow rate is defined as

𝑊𝑐𝑝 =
𝛹𝑚𝑎𝑥𝜌𝑎𝜋𝑑2𝑐 (

𝜋
60𝑑𝑐 (𝜔𝑐𝑝∕

√

𝜃))

4
√

𝜃

×

[

1 − 𝑒𝑥𝑝

[

2𝛽𝐶𝑝𝑇𝑐𝑝,𝑖𝑛
( 𝜋60 𝑑𝑐 (𝜔𝑐𝑝∕

√

𝜃))2𝛹𝑚𝑎𝑥

(

𝑝𝑐𝑝,𝑜𝑢𝑡
𝑝𝑐𝑝,𝑖𝑛

𝛾−1
𝛾 −1

)

−𝛽
]

]

(35)

By using reference airflow at the cathode terminal, mass flow reference
𝑊𝑐𝑝,𝑟𝑒𝑓 can be found from the oxygen flow reference at the cathode. The
required mass flow of dry air can be given by Eq. (36)

𝑊𝑑𝑟𝑦,𝑟𝑒𝑓 = 1
𝑥𝑂2

𝑊𝑂2 ,𝑐𝑎,𝑟𝑒𝑓 = 1
𝑥𝑂2

𝜆𝑂2,𝑟𝑒𝑓
𝑀𝑂2

𝑛𝐼𝑠𝑡
4𝐹

(36)

Considering the relative humidity of the air, the required flow rate of
air can be given as in Eq. (37)

𝑊𝑐𝑝,𝑟𝑒𝑓 = (1 + 𝜔𝑎𝑚𝑏)
1
𝑥𝑂2

𝜆𝑂2,𝑟𝑒𝑓
𝑀𝑂2

𝑛𝐼𝑠𝑡
4𝐹

(37)

So if we substitute Eqs. (36) and (37) in (34) the equation for error can
be represented as Eq. (38)

𝑒(𝑥, 𝑡) =
𝛹𝑚𝑎𝑥𝜌𝑎𝜋𝑑2𝑐 (

𝜋
60𝑑𝑐 (𝜔𝑐𝑝∕

√

𝜃))

4
√

𝜃

×

[

1 − 𝑒𝑥𝑝

[

2𝛽𝐶𝑝𝑇𝑐𝑝,𝑖𝑛
( 𝜋60 𝑑𝑐 (𝜔𝑐𝑝∕

√

𝜃))2𝛹𝑚𝑎𝑥

(

𝑝𝑐𝑝,𝑜𝑢𝑡
𝑝𝑐𝑝,𝑖𝑛

𝛾−1
𝛾 −1

)

−𝛽
]

]

− (1 + 𝜔𝑎𝑚𝑏)
1
𝑥𝑂2

𝜆𝑂2,𝑟𝑒𝑓
𝑀𝑂2

𝑛𝐼𝑠𝑡
4𝐹

(38)

The sliding surface is defined as

𝑠 = 𝛼𝑒(𝑡) + 𝛽 ∫ |𝑒|𝛾𝑠𝑖𝑔𝑛(𝑒)𝑑𝑡 (39)

The term |𝑒|𝛾 in the sliding surface ensures the finite time conver-
gence of the error dynamics. Where 𝛾 = 𝑝∕𝑞, 𝑝 and 𝑞 are positive odd
integers. Where the tracking error is defined by the variable 𝑒 and 𝛼, 𝛽,
𝛾 are used as tuning parameters. While choosing the value of 𝛼 and 𝛽, it
must be considered that the Hurwitz condition is satisfied i-e 𝛼 > 0 and
𝛽 > 0, Whereas 0 < 𝛾 < 1. The time derivative of the Eq. (39) becomes

̇ = 𝛼�̇�(𝑡) + 𝛽|𝑒|𝛾𝑠𝑖𝑔𝑛(𝑒) (40)
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where

̇ = �̇�𝑐𝑝 − �̇�𝑐𝑝,𝑟𝑒𝑓 (41)

The strong reach-ability law can be defined by Eq. (42). When im-
plementing this FTISMC, an integral of the error function is added to
the equation. The continuous control part is obtained by taking the
first-order time derivative of the sliding function and equating it to 0.

𝑢𝑑𝑖𝑠 = −𝐾1𝑠 −𝐾𝑠𝑖𝑔𝑛(𝑠) (42)

The overall control law is given as

𝑢 = 𝑢𝑒𝑞 + 𝑢𝑑𝑖𝑠 (43)

The continuous control part is obtained by taking the first-order
time derivative of the sliding function and equating it to 0. The term
̇(𝑡) has already been defined in Eq. (41). After substituting the value
of �̇�𝑐𝑝 and �̇�𝑐𝑝,𝑟𝑒𝑓 , the first-time derivative of the sliding surface can
be written as follows

̇ = 𝛼(𝑎𝑢2 + 𝑏𝑢 + 𝑐) + 𝛽|𝑒|𝛾𝑠𝑖𝑔𝑛(𝑒) (44)

Where

𝑎 =
[

𝑎22 − 𝑎22𝑒𝐹7 +
2𝑎22𝑎23
𝑝𝑎24𝑎𝑡𝑚

× 𝑒𝐹7𝑥35𝑥
−2
4 − 2𝑎22𝑎23𝑒𝐹7𝑥−24

]

𝑐4𝑥
−1
4 (45)

𝑏 = −𝑎26
[

𝑎22 − 𝑎22𝑒𝐹7 +
2𝑎22𝑎23
𝑝𝑎24𝑎𝑡𝑚

× 𝑒𝐹7𝑥35𝑥
−2
4 − 2𝑎22𝑎23 × 𝑒𝐹7𝑥−24

]

(46)

𝑐 = −
[

𝑎22 − 𝑎22𝑒𝐹7 +
2𝑎22𝑎23
𝑝𝑎24𝑎𝑡𝑚

× 𝑒𝐹7𝑥35𝑥
−2
4 − 2𝑎22𝑎23 × 𝑒𝐹7𝑥−24

]

𝑎27
𝑘𝑠𝑚,𝑜𝑢𝑡

𝐹2
[

𝑎22𝑥4 − 𝑎22𝑥4[𝑒𝐹7 ]
]

−
(
𝑎22𝑎23𝑎24𝑒𝐹7𝑥−14 𝑥𝑎24−15

𝑝𝑎24𝑎𝑡𝑚

)

×

(

𝑎29𝑎22𝑥4[1 +
1
𝜂𝑐𝑝

𝐹8]
)

− 𝑒𝐹7 − 𝑒𝐹7
𝑘𝑠𝑚,𝑜𝑢𝑡𝜂𝑐𝑝

𝐹2 − 𝑎30
𝑥5

𝑥6𝑘𝑠𝑚,𝑜𝑢𝑡
𝐹2

− 2.8 × 10−2
𝑑𝐼𝑠𝑡
𝑑𝑡

(47)

o reduce the chattering phenomena in FTISMC, saturation functions
re used instead of using the simple 𝑠𝑖𝑔𝑛() function in the discontinuous
nd as-well-as continuous parts of the controller, which is defined as in
q. (48)

𝑎𝑡(𝑠) =

⎧

⎪

⎨

⎪

⎩

1 𝑠 ≤ 0
𝐾 𝑠|𝑠| ≤ 𝛿
−1 𝑠 ≤ −𝛿

(48)

5.1. Lyapunov stability analysis of FTISMC

The existence of URED FTISMC can be proved by evaluating the
Lyapunov stability as follows;

𝑉 = 1
2
𝑆2 (49)

̇ = 𝑆�̇� = 𝑆(𝑎𝑢2 + 𝑏𝑢 + 𝑐 + (𝛽∕𝛼)|𝑞|𝛾𝑠𝑖𝑔𝑛(𝑒)) (50)

here

𝑢 =
−𝑏 +

√

𝑏2 − 4𝑎(𝑐 + (𝛽∕𝛼)|𝑞|𝛾𝑠𝑖𝑔𝑛(𝑒))
2𝑎

−𝐾1𝑠 −𝐾2𝑠𝑖𝑔𝑛(𝑠) (51)

After substituting the value of 𝑢 in (50) we get

�̇� = 𝑆[0 −𝐾1𝑆 −𝐾2𝑠𝑖𝑔𝑛(𝑆)]

�̇� ≤ −𝑆(𝐾1)𝑆 −𝐾2𝑆𝑠𝑖𝑔𝑛(𝑆)

�̇� ≤ −𝐾1𝑆
2 −𝐾2|𝑆|

�̇� ≤ 0, ∀ 𝐾1 > 0, ∀ 𝐾2 > 0 For a system to be stable, the rate
6

of change for the Lyapunov function must be negative. The above
equations indicate that �̇� ≤ 0, ∀ 𝐾1 > 0, ∀ 𝐾2 > 0. Therefore the
Lyapunov function is negative definite proving the existence and finite
time stability of the sliding mode, considering that 𝑠𝑠𝑖𝑔𝑛(𝑠) = |𝑠|

Thus proving finite-time convergence and asymptotic stability, en-
suring the existence of URED based FTISMC. The (52) shows the finite
time required to reach the sliding surface given as (cf. [58])

𝑇𝑆 ≤ 1
2�̄�1

ln

(

�̄�1𝑉 1∕2 (𝑆 (0)
)

+ �̄�2

�̄�2

)

(52)

6. URED-based observer design

FTISMC is a variant of the SMC technique and is widely accepted
to be an effective control technique that is used as a robust control
strategy for overcoming the non-linearities of various control-related
problems. This family of sliding mode control strategies has an in-
herited property of finite-time convergence and robustness against
internal/external disturbances and uncertainties. The effectiveness of
FTISMC has been evaluated for PEMFC air delivery system in [47]
which showed better performance than the super twisting algorithm
derived in [46]. However, in some cases, faulty sensors can cause
incorrect measurement issues. These issues cause problems while cal-
culating the system response in the presence of sudden variations in
the operating conditions of the vehicle. In this research work, URED
observer is designed for the state 𝑥5 to overcome the issues of faulty
sensing networks and matched or unmatched uncertainties due to the
measurement noise present in sensing networks. The proposed URED
observer design also reduces the system cost by making the system inde-
pendent from sensor requirements. Therefore a smooth URED observer
has been proposed in this research work as a state estimator which
will give an estimated value of supply manifold pressure. The proposed
URED has the remarkable property of overcoming the high-frequency
chattering phenomena and thus improving the overall response of non-
linear systems. Based on the generalized STA the URED is proposed by
the following equation [38].

̇0 = −𝑘1𝛷1(𝜎0) + 𝑧1 (53)

̇1 = −𝑘2𝛷2(𝜎0) (54)

here 𝜎0 = 𝑧0−𝜁 is the estimation error, and 𝑘1 and 𝑘2 are the positive
ains. The URED has two states, 𝑧0 defines the actual signal and 𝑧1 is
ts derivative. 𝛷1(𝜎0) and 𝛷2(𝜎0) are characterized as

1(𝜎0) = |𝜎0|
1
2 𝑠𝑖𝑔𝑛(𝜎0) + 𝜇𝜎0

3
2 𝑠𝑖𝑔𝑛(𝜎0) (55)

𝛷2(𝜎0) =
1
2
𝑠𝑖𝑔𝑛(𝜎0) +

3
2
𝑠𝑖𝑔𝑛(𝜎0)|𝜎0|

2 (56)

When the sliding mode is established 𝑧0 = 𝑧1 and the uniform
erivative is computed. In order to design the URED based observer
or 𝑥5 using 𝑥4 we substitute 𝑧1 in the place of �̇�4 in the Eq. (4) and get
he following equation

1 =
𝑎25𝑢2

𝑥4
− 𝑎26𝑢 − 𝑎27

[

(
𝑥5
𝑝𝑎𝑡𝑚

)𝑎24 − 1
]

×
[

𝑎22𝑥4 − 𝑎22𝑥4𝑒𝐹7
]

(57)

The above equation has been solved for the estimated supply manifold
pressure 𝑥5 shown as follows

𝑥5 = 𝑝𝑎𝑡𝑚
[

1 +

(

𝑧1 −
𝑎25𝑢2

𝑥4
+ 𝑎26𝑢

)

(−𝑎27)
(

𝑎22𝑥4 − 𝑎22𝑥4𝑒𝐹7
)

]
1
𝑎24 (58)

In the case of PEMFC sudden variation, the demand current creates
a sudden surge in all the states of the PEMFC system. This is due to
the fact that all the states are inter-coupled and sudden variation in a
single parameter produces abrupt changes in all the state parameters.
The URED ensures finite-time and theoretical exact convergence of
such abrupt changes of the signals whenever their derivatives are
Lipschitz [38]. The URED ensures bounded convergence independent
of the initial conditions and the differentiation error. The uniform and
finite time convergence is ensured by the high-degree terms 𝜎0

3
2 𝑠𝑖𝑔𝑛(𝜎0)

and 𝑠𝑖𝑔𝑛(𝜎 )|𝜎 |

2.
0 0
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Fig. 2. NN for stack temperature estimation.
7. Non auto regressive NN design for stack temperature estima-
tion

When assessing the dynamic performance of the fuel cell-based
system, model-based control laws are extremely important. The pri-
mary challenge in developing a controller that uses a sensor-based
architecture is that the sensors’ accuracy gradually degrades over time.
A temperature sensor must be built into the PEMFC in order to measure
the precise stack temperature, which can raise the cost of the system.
Additionally, temperature sensors that are used for extended periods of
time may have slower response times and inaccurate measurements.
Using the data from other states, a NN can be used to precisely
estimate the stack temperature. Therefore, when designing the NN
temperature estimator, model-based system dynamics were taken into
account. In this research article, a NN-based method for estimating
stack temperature has been suggested. In addition to resolving the issue
of slow sensor response times, NN lowers system costs by reducing
the number of sensors needed. The proposed control scheme has been
depicted in Fig. 1. The actual data of PEMFC plant which is controlled
using FTISMC in [47] has been used to train the NN to estimate the
stack temperature. The States 𝑥1 and 𝑥3 are used for stack temperature
estimation. The reason of using these two particular states is that the
state of temperature is related to these particular states by the following
two ideal gas equations. Moreover, the data from these two states
incorporate the change in temperature from anode to cathode. The
Levenberg–Marquardt algorithm has been used in the NN for curve
fitting which interpolates between the Gauss–Newton algorithm and
the method of gradient descent.

𝑇𝑠𝑡 =
𝑝𝑂2,𝑐𝑎

𝑉𝑐𝑎
𝑚𝑂2,𝑐𝑎

𝑅𝑂2

(59)

𝑇𝑠𝑡 =
𝑝𝐻2,𝑎𝑛

𝑉𝑎𝑛
𝑚𝐻2,𝑎𝑛

𝑅𝐻2

(60)

For the stack temperature estimation of the PEMFC, the non auto
regressive NN with exogenous inputs is used. As the state of stack
temperature is dependent on its previous value. Therefore the men-
tioned NN is preferred as it has a feedback state. The NN has to be
trained initially. The training process is completed by mapping input
data to the output data of the PEMFC. Once the NN training process
is complete, the trained network is then used to estimate the output
signal. The trained NN will provide the estimated output according
to the input conditions provided by the user. The training method of
the NN adopts optimization algorithms that use either jacobians or
7

gradients to complete the task at hand. The states 𝑥1 and 𝑥3 of the
PEMFC are acting as the inputs to the NN, whereas the estimated stack
temperature is the output of the NN. The generalized equations given
as (61) and (62) are used for the feed forward NN to generate the
estimated control signal 𝑇𝑒𝑠𝑡.

𝑃𝑁 = 1
𝑁

(

𝑁
∑

𝑛=1
𝑊 1
𝑁,𝑛𝑋 + 𝑏1𝑁

)

= 1
𝑁

(

𝑾 1𝑇
𝑁 𝑿𝑛 + 𝑏1𝑁

)

, (61)

�̂�𝑒𝑠𝑡 = 2
𝑚

(

𝑚
∑

𝑁=1
�̂� 2
𝑇𝑒𝑠𝑡 ,𝑁

𝑃𝑁
)

= �̂� 2𝑇
𝑇𝑒𝑠𝑡

𝑷𝑁 (62)

Where 𝑇𝑒𝑠𝑡 is the estimated stack temperature. The generalized
diagram of the feed-forward NN for the estimation of control stack
temperature is shown in Fig. 2. Where the number of inputs provided to
the NN is defined as 𝑛 = 50, and the number of network outputs is 𝑚 = 1
which is the estimated control signal. The second output shown in the
figure is the delayed version of the output, used by the NN to predict
future values. Here 𝑁 = 10 shows the numbers of hidden layer neurons,
and 𝑀 = 1 represents the numbers of output layer neurons. The inputs
are 𝑿 = [𝑚𝑂2

𝑚𝐻2
]𝑇 ∈ R𝑛 is the input vector of the NN. 𝑷𝑁 ∈ R𝑁 is

the hidden layer output vector, 𝑾 1
𝑁 ∈ R𝑛 is the hidden-layer weights

vector, 𝑾 2
𝑈𝑒𝑠𝑡

∈ R𝑁 is the output-layer weights vector and 𝑏1 ∈ R𝑁 is
the network’s bias that are used to increase the learning speed during
the network training. In addition, 1

𝑁 ∶ R𝑛 → R𝑁 and 2
𝑚 ∶ R𝑀 → R𝑚 is

the tan-sigmoid function and pure-linear activation functions of hidden
layer and output layer neuron, respectively. These functions are used
to ensure the best performance during the NN training process.

The output function of the proposed NN design is expressed by the
following algorithm

𝑇𝑒𝑠𝑡 = 𝑾 2𝑇
𝑇𝑒𝑠𝑡

𝑷 + 𝑒𝑇 (63)

where 𝑒𝑇 is the network approximation error.
The next section of this manuscript presents the results of our simula-
tions and engages in a thorough discussion of their implications. The
findings of the comparative study provide a detailed analysis of what
they mean for our original hypotheses.

8. Results and discussion

This section elaborates on the performance of the proposed NN-
URED-FTISMC technique. The simulations are conducted in MAT-
LAB/Simulink environment to analyze the performance of the FTISMC
and NN-URED-FTISMC to observe controllers’ behavior. Various per-
formance parameters of the PEMFC including OER, stack voltage and
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Fig. 3. PEMFC Stack current.
Fig. 4. PEMFC oxygen excess ratio.
power in the presence of model uncertainties and disturbances and
measurement noise in compressor speed and supply manifold pressure,
along with transient power demands. A current signal which ranges
between 60 A to 300 A shown in Fig. 3 is considered as disturbance
input which is demanded by the PEMFC-powered vehicular appli-
cation where the current demand increases or decreases depending
upon the requirements of the vehicle. Transient current demands
need the amount of the supplied reactants to be adjusted accordingly.
Hydrogen is considered to be pre-regulated whereas the amount of
oxygen is regulated by the compressor motor speed which in-turn is
controlled by the compressor motor voltage. Regulated supply of reac-
tants ensure smooth operation in transient current demands and also
protects the membrane from getting it damaged, permanently. Smooth
power delivery will ensure the longevity of the actuator motors of the
vehicle.

The Fig. 4 depicts the graph of OER. It can be observed that
the FTISMC has a lot of fluctuations in the presence of measurement
noise. Fluctuations in OER can cause severe damage to the fuel cell
membrane which is costly to repair. However, with NN-URED-FTISMC
the fluctuations are removed and thus enhancing the life span and
maintenance cost of the PEMFC by reducing the requirement of sen-
sors and overcoming the effects of measurement noise without any
compromise in system efficiency.

Fig. 5 shows the error tracking of the proposed design with NN-
URED-FTISMC and FTISMC. This error signal is the difference between
the actual compressor flow rate and the reference compressor flow
rate. The reference compressor flow rate is a predefined flow rate
8

which ensures that the OER remain at the specified value. It can be
concluded that NN-URED-FTISMC has better performance in terms of
error tracking in the presence of measurement noise.

The signal of the compressor motor voltage is given in Fig. 6. The
voltage signal is responsible for regulating the supply of oxygen to the
fuel cell stack so that the electrochemical reaction can produce the
maximum required current and the PEMFC can operate at maximum
efficiency ensuring that the OER is maintained at a level of two. It
can be observed that in the system where NN-URED-FTISMC is used
for the state estimation of compressor speed and supply manifold
pressure there is no chattering phenomenon. Whereas, the FTISMC does
not completely eliminate the undesirable clattering phenomenon in
the presence of wide band measurement noise. Removal of chattering
ensures less power consumption by the compressor and smooth oper-
ation of PEMFC power system. Observer based control will increase
the compressor motor life by ensuring chattering removal and thus
reducing operational cost by increasing maintenance time intervals.
Fig. 6 shows the control signals for FTISMC and NN-URED-FTISMC.
The results show that in the system where URED observer is used for
state estimation for compressor speed and supply manifold pressure the
control effort is lesser as compared to the system wit FTISMC. Thus it
can be concluded that in the presence of measurement noise the NN-
URED-FTISMC outperforms the FTISMC. The chattering in the control
signal which is being coupled with the compressor motor voltage
will be causing severe damage to the motor and will hinder smooth
operation of the PEMFC power system. Moreover this type of chattering
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Fig. 5. Error tracking.
Fig. 6. PEMFC compressor motor voltage.
Fig. 7. PEMFC stack voltage.
will damage the traction motors of the vehicle that are being driven
with the fuel cell.

The behavior of stack voltage produced by the PEMFC power system
is shown in Fig. 7. It is clear form the figure that when NN-URED-
FTISMC is used the chattering effect is removed where as the system
with FTISMC has significant chattering phenomenon which occurs due
9

to the presence of measurement noise in the states of compressor speed
and supply manifold pressure. Chattering free voltage signal ensures
that the vehicular application that is being operated by that signal
will not be damaged. Moreover observer based control law will reduce
the system maintenance cost by avoiding power fluctuations without
compromising system efficiency.



Energy 269 (2023) 126717U. Javaid et al.
Fig. 8. PEMFC net power.
Fig. 9. PEMFC stack power.
Fig. 10. Supply manifold pressure.
The compressor motor consumes 30% of the total power that is
being produced by the PEMFC power system and it acts like a primary
load to the system [56]. So the net power that is being produced
by the PEMFC power system is the difference between the power
being produced by the PEMFC stack and the power consumed by the
10
compressor motor. In Fig. 8 it can be seen that NN-URED-FTISMC
scheme has no chattering when the system is exposed to measurement
noise in compressor speed and supply manifold pressure. The behavior
of stack power is shown in Fig. 9. Therefore it can be concluded
that when NN-URED observer based intelligent controller will be used
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Fig. 11. NN best validation performance.
Fig. 12. Regression plot of stack temperature estimation.
to control the PEMFC powered vehicle it will ensure smooth power
delivery ensuring the increased life span of the actuator motors and
the PEMFC power system. Moreover the use of observer based control
reduces the system cost by making the system less dependent upon
sensing networks.

The Fig. 10 shows the performance of the proposed URED observer.
The zoomed versions of the traces indicate that the proposed observer
ensures finite time convergence of the estimated signal regardless to the
initial conditions of the system. It can be clearly seen that the URED
shows remarkable state estimation regardless of the initial condition
with convergence time less than 0.4 s.

Now, the performance of the three-layered non auto regressive NN
is explained. One or more batches tend to form an epoch, where a part
of the provided data set is utilized to train the NN. The trained NN
indicates the performance in terms of error with the best performance
error of 2.823𝑒−9 at 603 epochs. The best validation performance of the
NN is shown in Fig. 11.
11
The regression plot of a NN indicates how accurately the estimation
has been made. The plots represent the testing data-set and its valida-
tion. The value of 𝑅 is an indication of the relationship or similarity
index between the outputs and target data-set. If the value of 𝑅 = 1,
it indicates that there is a perfect match between outputs and target
data-set. If the value of 𝑅 is close to zero, then there is almost no match
between the outputs and target data-set. The curve in Fig. 12 implies
that the training data has a good fit for stack temperature estimation.

Once the training of the NN is complete the error histogram can
be obtained. On the horizontal axis, the plot of the error histogram
represents the errors between the target data-set values and predicted
values. The errors in Fig. 13 depict how the predicted values are
deviating from the target output values. The errors to the left half
side of the 𝑍𝑒𝑟𝑜 𝐸𝑟𝑟𝑜𝑟 are the negative errors and the right half side
represent the positive errors. The vertical bars in the error histogram
graph are called the bins. The total error range of the trained NN is
divided into 20 bins. The vertical axis is representing the number of
sample instances from the provided data-set, which lies in a particular
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Fig. 13. Error histogram for stack temperature estimation.
Fig. 14. NN Correlation between input and error.
Fig. 15. NN training state.
bin. At the middle of the histogram plot, the bin corresponds to the
error of approximately 1.92𝑒−5, the height of that bin for the training
data-set lies below 16 000.

The Fig. 14 shows the Correlations between input and error. Since
the ideal model is rarely feasible in practice, 95% confidence intervals
12
around zero are used to assess correlation values. The graph indicates
that the correlation lies within the confidence limits.

The training state performance of the NN is shown in Fig. 15
Typically, the goal of training is to minimize the sum of squared errors
(gradient) by applying the steepest descent method to optimize the
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selection of weights and biases. However, a momentum term is added
to slow the descent’s speed so that the search value does not repeatedly
cross the minimum without stopping close enough to it. The value of
gradient is 9.9837𝑒−8 at 603 epoch. The back propagation process, which
updates the neuronal weights, is controlled by the 𝑚𝑢 value during
training. The value of 𝑚𝑢 is 1.0𝑒−8. The validation fail test for he unseen
data shows that the NN shows good performance for the unseen data.

9. Conclusion

The objective of this research is the performance improvement of
the PEMFC by designing a control law for the air-delivery system. NN-
URED-FTISMC has given satisfactory performance in the presence of
external disturbances and measurement noise. The simulation results
indicate that the proposed methodology effectively maintains the OER
in the presence of sudden load variations and measurement noise.
This ensures optimum performance and efficiency of the PEMFC. The
removal of chattering clearly indicates that the system efficiency is
increased. So it can be concluded that NN-URED-FTISMC strategies
when used for vehicular applications are capable of reducing system
cost by reducing the dependency on sensing networks without reducing
the system efficiency and accuracy.

Currently there are certain limitations to the use of fuel cell-based
vehicles. There are currently few hydrogen filling stations, PEMFC-
based vehicles are not commonly used by the general public. The cost
of PEMFC will be lower, and its performance and longevity will be
improved, thanks to the material and component advancements, as
well as the various optimization and control strategies. By controlling
temperature, humidity, and fuel management systems of PEMFCs, fu-
ture work directions should concentrate on performance and efficiency
improvement of PEMFC. This can be achieved by designing and testing
various control laws to optimize the performance of various subsystems
in fuel cell powered vehicles.
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Appendix

A.1. Abbreviations

This is the list of abbreviations used in the mathematical model of
PEMFC

𝐶 Concentration
𝐷 Diffusion coefficient (m2∕s)
𝐹 Faradays constant (96485 C mol−1)
𝐸 Nernst voltage of a PEMFC (V)
𝑀 Molar mass (g∕mol)
𝑃 Pressure (Pa)

2

13

𝑖 Stack current density (A∕m )
Table A.3
Parameters involved in Compressor model.
Parameter Value Parameter Value

𝜃 𝑇𝑐𝑝,𝑖𝑛∕298 𝛿 𝑝𝑐𝑝,𝑖𝑛∕1
𝐶𝑝 1004 𝐽𝑐𝑝 5 × 10−5

𝑑𝑐 0.2286 𝜂𝑐𝑚 1
𝛽 14 𝜂𝑐𝑝 0.775
𝛾 1.4 𝑇𝑐𝑝,𝑖𝑛 𝑇𝑎𝑡𝑚
𝜌𝑎 1.23 𝑇𝑎𝑡𝑚 298
𝑝𝑐𝑝,𝑖𝑛 𝑝𝑎𝑡𝑚 𝑝𝑎𝑡𝑚 101325

Table A.4
Parameters involved in Anode Channel.
Parameter Value

𝑀𝑣 18.02 × 10−3

𝑀𝐻2
2.016 × 10−3

𝑅𝐻2
4124.3

𝑅𝑣 461.5
𝑉𝑎𝑛 0.005

Table A.5
Parameters involved in the supply manifold.
Parameter Value

𝑅𝑎 2.869 × 102

𝑉𝑠𝑚 0.02
𝛾 1.4
𝐾𝑠𝑚,𝑜𝑢𝑡 0.36 × 10−5

𝐼 Current (A)
𝐽 Inertia (kg∕m2)
𝛾 Specific heat ratio (J∕(kg K))
𝐾 Restriction constant
𝑛 Number of fuel cells in stack
𝑢 Control input
𝜆 Water content

A.2. Subscripts

These are used as the subscripts of the main nomenclatures
𝑎𝑛 Anode
𝑐𝑎 Cathode
𝑤 Water
𝑎 Air
H2 Hydrogen
O2 Oxygen
𝑚 Membrane
𝑠𝑡 Stack
𝑐𝑝 Compressor motor
𝑜𝑢𝑡 Output/Exiting
ℎ𝑢𝑚 Humidifier air
𝑣 Water vapor 𝑛𝑒𝑡 Total
𝑟𝑒𝑎𝑐𝑡 Consumed in reaction
𝑟𝑚 Return manifold
𝑎𝑚𝑏 Ambient
N2 Nitrogen
𝑠𝑎𝑡 Saturation
𝑠𝑚 Supply manifold
𝑖𝑛 Entering/input
𝑟𝑒𝑓 Reference

A.3. Model parameters

See Tables A.3–A.8.
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Table A.6
Parameters involved in Cathode Channel.
Parameter Value

𝑦𝑂2,𝑐𝑎,𝑖𝑛
0.21

𝑀𝑂2
32 × 10−3

𝑀𝑁2
28 × 10−3

𝑀𝑣 18.02 × 10−3

𝑅𝑂2
259.8

𝑅𝑁2
296.8

𝑅𝑣 461.5
𝑉𝑐𝑎 0.01
𝐾𝑐𝑎,𝑜𝑢𝑡 0.2177 × 10−5

𝑛 381
𝐹 96485

Table A.7
Parameters involved in Anode Channel.
Parameter Value

𝑀𝑣 18.02 × 10−3

𝑀𝐻2
2.016 × 10−3

𝑅𝐻2
4124.3

𝑅𝑣 461.5
𝑉𝑎𝑛 0.005

Table A.8
Parameters involved in Stack Voltage Model.
Parameter Value

𝑐1 10
𝑡𝑚 0.0125
𝑏2 350
𝑖𝑚𝑎𝑥 2.2
𝑐3 2
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